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ABSTRACT 

In the modern, high performance, supersonic aircraft, varying 
conditions of flight produce airframe transfer functions whose para- 
meters also vary. Fixed parameter, servo control loops in ohtets can- 
not provide satisfactory control over the entire region of flight, Self- 
adapting control loops which automatically alter their parameters in 
order to provide the most satisfactory control response are becoming A 
increasingly important, The analysis of several lateral airframe Pa 
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responses in order to determine which is most favorable for adaptive con= 4 
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trol is discussed, The design, analysis and description of a method for 
self-adaptive control of the yaw augmentation control loop of a high per- 
formance aircraft are then discussed with appropriate conclusions and ‘; 


recommendations as to further research or development, 
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Chapter I 
Introduction 

In the development of modern weapons systems, during the years 
following World War II, certain rapid strides in engineering techniques 
as well as technologies have resulted in weapons concepts which were here- 
tofore unimaginable, The development of the jet engine for airéraft and 
the rocket engine for missiles or experimental aircraft have created 
demands for system control in the regions and environments of flight 
which occur at velocities several times the speed of sound, 

With the advent of the supersonic aircraft and its increased opera- 
tional capabilities, numerous problems never before encountered in such 
magnitude and importance are foremost in the designer's mind, He must 
reckon with aircraft velocities which are subsonic as well as supersonic, 
and dynamic pressures, q, whose magnitudes range from those normally 
encountered with conventional aircraft to those associated with smaller 
types of missiles and rockets, The designer must take into account the 
high maneuvering — possible under such flight conditions and the in- 
herent sensitivity of such an aircraft to control surface forces in the 
extreme conditions of flight. Control measures must be supplied which 
will operate to minimize the large forces which could occur on the air- 
crafts' structure and cause its destruction, In addition, these control 
measures must account for the human factors which unfortunately enter the 
picture in high performance, high velocity situations. Human response time 
to instantaneous accelerations and disturbance forces is prohibitively 
slow, The human is also relatively insensitive as to the proper magnitude 
of an input command to the control surfaces. Ina high performance super- 


sonic aircraft, these improper inputs could result in large forces which 
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might exceed the structural load limits, Im addition, the lag in humn 
response time could result in corrective action reinforcing a rapid oscil- 
latory disturbance so as to create less stable, or perhaps unstable, oper- 
ation, 

The inherent increase in the performance capabilities briefly mentioned 
has created additional problems in terms of aircraft stability and response, 
No longer does the aircraft's dynamic response vary slightly under all 
possible conditions of flight, The variance in dynamic response at ex- 
treme conditions of flight, i.e.; landing characteristics as compared to 
high altitude high velocity flight, is large, The aircraft my conceivably 
exhibit good stability under,one flight environment and at another altitude 
and velocity the airframe may become unstable, Clearly, such an aircraft 
dominates the pilot's capabilities to control and command, There is 
sotablistied a need for some type of automatic control to assist the pilot 
in his function, 

Automatic control systems were developed to provide stable aircraft 
response characteristics in the pitch, yaw and roll modes of motion, The 
basic requirements being that the autopilot provide the ability for the 
aircraft to remain steadily on the commanded course or maneuver, while 
providing the necessary stability in the response modes mentioned above, 
These requirements pertain to any disturbances which may occur as inputs 
to the airframe, Such inputs my include undesirable oscillations or 
rates due to commanded inputs, gust disturbances and random force inputs, 
such as buffeting, in the transonic region, 

Generally, autopilots augment the commands generated by the pilot. 

The pilot possesses complete control of the aircraft's command inputs, 


The autopilot in this!instance:serves to provide stable airframe maneuver 
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4 
to the desired attitude and heading. Recently. however, in the develop- 


ment of automatic control systems for supersonic, high performance air- 
craft, certain command functions normally handled by the pilot have 
necessarily been programmed into the autopilot which automatically 
applies the aircraft command to achieve the desired response, This 
paper concerns itself with such an instance in the yaw control channel 
of the autopilot for supersonic aircraft, A] 

As previously indicated, the aerodynamic characteristics of this 
particular type of aircraft vary over the entire region of flight capa- 
bilities, There must be some compromise in the designer's planning to 
account for the necessary stability required at landing as well as at 
high velocity, high altitude flight, Obviously the physical dimensions 
of the aircraft cannot be modified so as to always present an ideal design 
with respect to air flow at any and all flight conditions, It follows, 
then, that the automatic control system must be capable of providing a 
control which is satisfactory for all of the flight conditions, and 
therefore any changing aircraft characteristics which may occur, In many 
instances this control is satisfactorily achieved by servo loops, con- 
taining constant parameters, which provide acceptable response regardless 
of the flight condition, However, in the case of the aircraft considered 
by this report, a constant parameter control loop was not sufficient to 
insure acceptable response throughout the regions of flight, A variation 
of one or more parameters of the control loops were considered necessary 
to provide the desired stability requirements, Such a control loop would 
then adopt itself to each flight condition by sensing its inadequacy and 


providing the necessary changes in its parameters to improve the response, 


L/ Shall refer to references listed at the end of this report, 


The research on the adaptive controller, which refers to this 
entire unit with the capability of varying control system characteristics, 
has been carried out principally in recent years, The United States Air 
Force became interested in the development of advanced aircraft design 
which indicated a need for relatively more sophisticated control methods, 
Soon leading laboratories in the control systems development field were 
contributing to the problems! solution, Many approaches were made to the 
problem, Some strived to obtain satisfactory response by single parameter 
variation as a function of perhaps mach number, M, and altitude, h, In 
such a method some switching was incorporated to set a predetermined loop 
gain whichwould provide satisfactory airframe response over some region 
defined by limits expressed & some function of Mand h, Other systems, 
certainly more sophisticated, used the model reference system whereby an 
analog model of the aircraft received the same inputs as the airframe, 
By measuring the airframe's response and compar ing this to the model's 
response, which was considered the ideal response, an error signal was 
generated which served to provide some measure of the system changes 
necessary to match the physical to the ideal model response, This error 
signal was handled in numerous ways by the research and development units. 
By developing and applying criteria of optimum response to this error, 
input signals could be erate aad and shaped so as to provide forcing 
functions which, when applied to the airframe, caused it to reproduce the 
model's response; or, the error criterion could provide the impetus for 
varying loop gains and/or time constants, Clearly there are many varia- 
tions and applications of these and other principles not discussed, From 
the summry of these systems, it can be readily appreciated that there 


are requirements for accurate data input in order to predict switching 
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function values, usually provided by air data computers, or, analog com 
puters are necessary to provide the model reference and integrate, in 
cases, functions which modify the input signal's shape, Digital computers, 


by numerical methods, could handle some of these analog functions but the | 
need for some computer remains, — 

Many of these systems have been satisfactorily flight tested or under- 
gone extensive tests under simulation conditions, Applications of adaptive 
controls in processes are becoming prevalent in industry as automation 
becomes more evident. Their future application in fields where human 

L234 (U7 

inadequacies are detrimental to control is insured, 

The material presented by the authors in this thesis is the analysis 
of a high performance and velocity aircraft with intentions of providing 
a satisfactory response over all flight conditions by simply the intro- 
duction of a gain change in the control loop. Furthermore, the impetus 
for furnishing the gain change is to be entirely derived from the airframe 
response and is therefore a self adapting scheme, No exterior inputs, such 
as Mand h, were considered, No computers were utilized in the schem, 
The aircraft response was to approach the ''selected ideal''as closely as 
possible in order to define the optimum response, 

The study was carried out at the sutonetics Division of North American 
Aviation, Incorporated under the direction of Mr. Richard K, Smyth, senior 
research engineer and supervisor of the Advanced Analysis Unit of the 


Flight Control Section, The study was conducted in June and July, 1959. 


Chapter II 
General Approaches to the Problem 

The development of the adaptive controller as an integral part of an 
automatic flight control system has been briefly mentioned in Chapter I, 
Generally the systems evolved from basically simple ideas and techniques 
associated with obtaining the ''optimum"! performance from a servomechanism 
or control system, Just what is meant by the term 'optimm!! depends 
primarily on the user of the word, Reference 5 uses the word optimum to 
define the most commonly acceptable second order system damping ratio, 
0.7. Still other authors define the system as optimum when certain mth- 
ematical relationships are introduced which alter the forcing function, 
and/or the system parameters, giving a "desired'' response, An example 
of this would be the least squares criterion proposed in reference 6, 
It seems evident then that the field of adaptive servomechanisms and 
optimum design research are intersrélated, Furthermore, the basis of 
adaptive control is some method of attaining the most desirable response 
under variable operating conditions or inputs, Hence, the most desirable 
response is often referred to as the "optimum response"! under these 
imposed conditions, Therefore, it is a recognized fact that the "state 
of the art" of adaptive mechanisms to date have relied upon these techniques, 

The first portion of this report concerns itself with the analysis 
of several recommended airframe lateral responses with the object in mind 
that these chosen transfer functions satisfy the following requiremsnts, 
First, the response must furnish oscillatory stability over the entire 
region of flight, Furthermore, any divergent instability from a real root 
must be slight enough to permit the pilot or autopilot to remin on course 
by command inputs, Secondly, the response characteristics should provide 
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some similarity to the response of a second order system in order that the 
human pilot preference, 3 rad/sec and a damping ration of 0.7, as well as 
second order optimizing principles might be attempted, f11,12/ 

The recommended responses to be investigated as indicative of lateral 
sacorert motion were lateral acceleration of the aircraft center of gravity, 
Ny» yaw rate, ay or r, and yaw acceleration, ue or r, in combination 
with r or N,- These functions are the descriptive characteristics of an 
airframe's lateral motion and are capable of measurement by instrument- 
ation perfected and existing as uBeable hardware, Fig. 1 indicates the 
basis for measurement of the quantities by relation to the basic stability 
axes contained in the airframe with their origin at the c.g, or center of 
gravity. Positive Ny is measured along the positive y axis and is the 
result of a left rudder deflection, Positive uy » r and r are measured 
in a clockwise direction about the vertical axis, 

The stability analysis was carried oft with the following basic 
assumptions, The analysis was to be linear with all responses as a function 
of rudder deflection only, All other control surfaces were assumed to re- 
main at zero deflection, The airéraft was allowed three degree freedom as 
a result of these rudder deflections and was assumed initially in steady 
level flight prior to application of a forcing function, Six indicative 
flight conditions representing the extremes of the designed region of 
flight were chosen as the basis of requirements for stability, These six 
flight conditions represent individual transfer functions and therefore 
varying responses, 

. The basic control loop is shown in Fig. 2. The loop consists of the 
transfer functions for the airframe, necessary instrumentation, compensation 
if required, and provision for variable gain adjustment, 


To summarize, the analysis was necessary in order to determine which 
7 4 
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of the lateral aircraft responses at extreme conditions of flight provided 
a response to rudder deflection, only, which was stable in oscillation and 
approximated a second order system at all six flight conditions, This 

was necessary to permit application of basic optimum criterion to provide 
satisfactory adaptive control, 

The design of the adaptive control circuits was based on the fol- 
lowing desired characteristics, The designed scheme was to be simple and 
easily mechanized, The scheme was required to base its own adjustments 
on an error criterion which exhibited selectivity of an acceptable damping 
ratio based on information obtained from the control loop and not from 
sources external to the loop, _The adaptive controller was to achieve 
this damping ratio by a gain variation only. Therefore, effectively the 
adaptive control system would be capable of sensing the requirements for 
stable response by looking at the contemporary airframe dynamics, 

The various chapters contained within the Scope of This Investigation 
are logically arranged to provide introductions and explanations of the 
sequential development of the stability analysis, self adaptive design and 
test of the entire system, Specific Appendices are referenced as their 
need arises in the report text. Conclusions of this report and recommend- 
ations for further design, test and analysis are presented as a final summry 
of the mterial, 
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Chapter III 
Scope of This Investigations Stability Loop 
Referring to Fig, 2, it 1s considered appropriate to detail the mke- 
up and function of the loop parameters, The basic control loop, as briefly 
explained in Chapter II, serves as the yaw augmentation loop for the air- 
craft's autopilot or automatic flight control system, There are no external 
command inputs to the yaw loop for this purpose, Therefore, the loop 
becomes one in which the airframe is disturbed by some force which imparts 
a measurable lateral response, The measured response is fed back, with the 
appropriate sign of feedback, to actuate the rudder in order to reduce the 
response to zero. Since the control loop is a single closed loop, and 
referring to Fig. 3, we may combine the loop transfer functions into a 
single function with a variable gain factor and unity feedback, Fig. 4 
indicates, however, that to obtain the response of the airframe, as an 
example, the problem reverts to one in which thére is a direct, feed for- 
ward function and a feedback function, 
The instrumentation contained within the control loop was as follows: 
a, autopilot actuator 
b. main rudder actuator 
c, measuring instrument (rate gyro, accelerometer, or angular 
accelerometer ) 
The autopilot actuator was a closed loop servo, hydraulic control valve 
which regulated the hydraulic pressure fed to the min rudder actuator, 
The main rudder actuator controlled the displacement of this vertical 
control surface, The servo valve used in the autopilot actuator exhibited 


a closed loop second order response function of 
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while the main rudder actuator had a response characterized by the function 
Ee (s) a 10 
0, (s) MA (s + 10) 
Investigation of these functions by an application of the final value 
theorem, for any particular input, shows that for the autopilot actuator 
where the input function is given by @, (s) and the output function by 


Qe, (s), we find that 


800 @p (8). ’ 800 @, (8 aa 


@ (s /. 792 oe 
| Maa (s + 20 + j20) s* + 40s + 800 
then; 
800 @, (s) 
lim @,(t) = lim s.0,(s) = lims ° S—75S 4 R00” 
; in oe) s—p0 sS—oO 
800 ° 
le s* + 40s + 800 vi pan” rns 
= lim Se @, (s) 
s—0 


and observe that the steady state value of the instrument is unity, This 
also holds true for the min rudder actuator and the measuring instruments, 
The measurifg instruments used in the analysis were a rate gyro in order to 
measure yaw rates an accelerometer to measure lateral acceleration at the 
c.g. of the airframes and an accentric angular accelerometer developed by 
North American Aviation Corporation which was capable of measuring the 
lateral acceleration at the c.g, and some desired proportion of r. The 
signals were essentially combined to give a single output value from the 
device, In each instance the identical transfer function was used since 

it provided a measure of simplicity and was a féir approximation to all 


three instances, The transfer function used was 


°, (s) Lai 
“Oy s)  +87.9 : $89.7) 


amd is second order with a steady state value of unity, Its dynamic 
characteristics were a natural frequency of 20 cps and a damping ratio 
of 0.7. 

In addition to the instrumentation contained in the loop was the 
appropriate transfer function of the airframe as a function of rudder 
deflection, O,. A particular aircraft function was inserted into the loop 
equation for each of the desired lateral responses at every condition of 
flight, This required analysis then of a minimum of eighteen airframe 
functions, These functions will be given and explained in detail in the 
following Chapters, 

Finally, the loop provided for the insertion of recommended compen- 
sation, a variable gain adjustment and some means for reversing the phase 


of the loop signal, if required, 
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Chapter IV 
Scope of this Investigation; lateral Acceleration 
as a c Response 
By referring to Fig. 2 which indicates the control loop for yaw 
augmentation the transfer functions for lateral acceleration as a 
function of rudder deflection, Ry/>,, » may be inserted as the particular 


degrees, the gain viEROTE tn the loop will be expressed as degrees/g 
and designated By: 

The transfer functions of N/R at the specific conditions of 
flight are listed in Table IT, The extreme flight conditions chosen to 
represent the limits of aircraft performance are; 

Condition 1: low altitude, low dynamic pressure, landing condition 

Condition 23 low altitude, low dynamic pressure 

Condition 3; low altitude, high dynamic pressure 

Condition 4: medium altitude, high dynamic pressure 

Condition $3 high altitude, low dynamic pressure 

Condition 6: high altitude, high dynamic pressure 
and are specifically referred to as conditions 1 through 6 in the 
remainder of the report, 

Insertion of the appropriate transfer function into the control loop 
results in an expression for the open loop function KG(s) which is, of 
course, merely a combination of the loop transfer functions into a single 


expression 
0, (8) 0, (s) 0, (s) 
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TABIE I 


Three Degree Lateral Transfer Functions for N/>p at Indicated 
Conditions of Flight 
Condition 13 
N = 0.1479. (5 -0, FMB) 5- 00844)(54 1.3209 t 40. 524) 
yp (S+ 0.0657) ( S$+0.7322 )(S+0,41S 24 1.5798) 
Condition 23 
N yp = 0 S-0.0164NS +2.93ANS-2:1ZUoXS42,.0980) 
(3 +0.0189 )($+2,3847Z2) S+0, 33744 LWIA 
Condition 33 
N = 3.4B5(5-10.0068)($- 4.1672 (St 5.218] 40.4958) 
yp ($- 0.0007 XS$+5.2049 ($40,532 33-4723 
Condition 43 
0.2184 ($-0.0/28N'S+08625)(S=1,2238NS+ 1.0598) 


N/R, = (S#0.019AXS+ 0.2834) (640.187 £7 1.6677) 


Condition 53 
N _ 5,310 (6-0.0073 XSF 4.013 XS - 5.10 BY S+ 6.4883) 
7p ~  (S¢ 0,044X S+4,7792 $+0.3571 £42.3784) 
Condition 6; 


N = 0,845 (S-0.001)(S+0.4195)($-3.3749XS+3-484) 
yp ad (3+ 0.0079 )C Sto. 74.04 S+0./706¢ 4 1-706) 
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which may be examined by root locus or frequency response techniques to 
determine the linear characteristics of stability and response, 

Primary investigations of the characteristic responses were made by 
the root locus method, Since the characteristic equation of a closed loop 
system is given by 

1 = M(s) =0 
where the overall gain constant K is the open loop gain and G(s) represents 
the overall open loop function in La Place Transform notation, It should 
be noted that the sign of K may be either positive or negative depending 
upon the chosen positive response directions in Fig. 1, The + sign 
results from the combination of the sign of K and the feedback sign used 
to close the loop, : 

Open loop functions for each flight condition are indicated in Table 
II for the case of the aircraft's lateral response being Np - The sub- 
scripts on each of the functions refer to the previously designated flight 
condition, In the interest of brevity in all tables which follow and list 
lateral transfer functions, the denominators of the open loop functions 
contained in Table II shall be designated by A(s), where the subscript n 


specifies the condition of flight, 


TABLE ITI 


Open Loop Transfer functions for the Lateral Response 


Ny/ep at Indicated Conditions of Flight 


Condition 1: 


i (s), 


Condition 23 


KG (s ), 


Condition 33 


FG (s), 


Condition 4° 


G(s), 


Condition 5: 


iG (s). 


Condition 6: 


KG (s) 
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Preliminary root locus plots were made on these functions in Table 
II and they were found to be unsuitable for both positive and negative 
feedback, For positive feedback the locus emanating from the complex 
poles immediately entered the right half plane, or, the unstable region of 
the S-plane, The situation for negative feedback produced stability as 
concerned the locus leaving the complex poles, However, for ofe flight 
condition, a real ost oma present, for all values of loop gain, in the 
right half plane, The root locus sketches are not contaimed in this report 
but mentioned to indicate that the use of lateral acceleration as the 
principal dynamic response required compensation, 

At this point it is interesting to note the aircraft function poles 
and zeros since these exist in the critical portion of the S-plane and are 
predominant in determining the closed loop characteristics of the system, 
Fig. 5 indicates the cheese teniPt te arrangement of the airframe poles and 
zeros for a supersonic aircraft, These differ from the conventional air- 
craft in that the latter case usually exhibits two complex pole pairs, The 
complex pole pair for the supersonic vehicle is indicated as the short 
period or dutch rol pair since the locus emerging from this set usually 
are dominant in fixing the short period, higher frequency oscillation, 

The real pair occasionally give rise to a complex locus resulting ina 

low frequency, long period oscillation and are referred to as the phugoid 
or long period pair. Characteristically, roots contained in the phygoid 
locus are lightly damped while short period roots may attain much more 
favorable damping ratios, Characteristically, real roots may also exist, 
Usually, one real root is contained in the negative real axis and one real 
root occurs about the origin either in the positive or negative real axis, 
The former root locus segment gives rise to a root called the roll damping 


factor which controls the stiffness of response in roll to a rudder deflection, 
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The 1e88 about the origin determines the spiral characteristics of the 
aircraft, As long as the residue or coefficient of this particular toot 
is small, and should the root exist in the unstable half-plane, the spiral 
instability is easily compensated for by the pilot or autopilot. Should 
this residue be significantly large, the aircraft is obviously spirally 
unstable, Referring to the list of transfer functions for N yp in 
Table I, it may ~~ that these poles and zeros generally conform to 
the above cases, The zeros ay aoeee as complex but generally as real 
points, Ay 

Since compensation was desirable the suggested scheme derived from 
basic design research conducted by Autonetics design personnel was analyzed, 
This consisted of inserting a lead filter network into the loop with trans- 


fer function 


0, (s) ~ s+l 
@, (s) FILTER 1 0,1ls+l 


on G 
and, it may be noted, a steady state gain of unity, By insertion of the 


filter it was desired that the locus would be shaped so that oscillatory 
response was determined largely by the dominant complex roots and therefore 
second order assumptions could be applied to regulate damping ratio and 
natural frequency. 

By methods contained and illustrated in Appendix A, solution of the 
basic equation defining the root locus, the characteristic equation, (where 
KG (s) now is defined as KG (s) ° KG(s) filter) 

1= mM(s), =0 
was carried out for both conditions of feedback, In this instance, the 


case of negative feedback proved to be undesirable since the locus emanating 


from the complex poles directly entered the unstable or right half plane, 
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However, the condition of positive feedback produced loci which were stable 
over some variable gain region and whose complex short period loci indicated 
that a variable damping ratio, with varying loop gain, could be achieved, 
The root loci plots of the Ny plus lead filter or filter 1 response for 
positive feedback are included as Figs, 6 through 11, Gain points on these 
plots are marked as values of the variable loop gain, Ky’ inserted into 
the loop and not the open loop min as is normlly tre case, Furthermore, 
the variable gain, By? is expressed in the units deg/g on all plots and 
references in this report, Since all transfer functions were given in 
terms of radian measure, Ruy was expressed as rad./g for all computations, 
This convention was incorporated because of the aircraft industry's practice 
of referring to control surface deflections in degree units, 

In an attempt to provide increased dominance by the complex roots, 
additional compensation was proposed by the authors in the form of an 
additional lag pole in the lead filter at S equal to - 0.5, This filter 


took the form 


0, (s) 7 Sg) 
0, (s) FILTER 2 1841) (28+1 


In addition it was desirous to perturbate the pole at - 10.0 and the zero 


at - 1,0 in filter 2 to investigate the effects, The following filter was 


proposed $ 


0, (s) = 8+2 
0, (s) FILTER 3 (,1258+1) (28+1) 


Filters 2 and 3 were examined under conditions of negative and positive 
feedback by the methods contained in Appendix A, Root locus plots with 
these filters inserted as loop compensators are contained in Figs, 12 
through 17 for filter 2 and Figs, 18 through 23 for filter 3. In each of 


these cases satisfactory loci shaping was obtained for negative feedback 
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conditions, Positive feedback was undesirable since complex roots processed 
directly into the right half plane, 

The final suggested implementation of Ny was in combination with some 
proportional amount of r, yaw acceleration, resulting in a transfer function 
(N, +E: r)/o,. The selected value of K. determined the offset distance of 
the measuring accelerometer from the c.g. Positive Re indicated positioning 
of the instrument or the center-line of the airframe forward of the c.g. 
while negative K: placed the instrumentation aft of c.g. 

The open loop transfer functions for (Ny, + Ke r)/, are listed in 
Table III, According to selected values of K: equal to + 0.1, = 0,2 and 
0.31 These values were chosen as indicative of the probable offset dist- 
ance of the accelerometer from the c.g. The variable loop gain was 
designated as Ky and expressed in the units deg./g. 

Root locus solutions were obtained using these functions as open loop 
transfer functions, Due to the enormity of the investigation of these 
functions and the fact that Ny, with compensation was being thoroughly 
analyzed, studies chiy of the feasibility of this compination were carried 
out, Family plots indicating the paths of the loci in the regions of the 
origin and imaginary axis are contained in Figs, 24 through 30 for each 


of the values of K. mentioned above, 
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TABLE III 
Open Loop Lateral Transfer Functions for (Ny + Ke r)/dp 
with Varying Values of K. for Each Flight Condition 
K. = +0,15 


Condition 1: 


i'(s). = 0.102 X10 Kn $~- 0,0738)($-1.198) S41,7077E40.41/2) 
ays A(s 
al 


Condition 23 ' 


$ - 
KG'(s), = x $0. 82. aa S-2,5106XS+ 3,424) 


Condition 33 


mt (g), = Bulle K1O¥ Keny (S-4.801)S+0-003KS+5.67¢2 ‘ 0,20) ) 
’ A\s 
3 


Condition 43 


m'(s), = ~23ex 0! Katy, ($-0.0073XS5+4,119 U5 - 6.965 S+7.435) 
4 A\s 
4 


Condition 53 


Kat (3), = Q/7S5%x 10° Ky (S-0.02)(S40,8308XS - 1,505 XS 41,5214) 
3 A(s 
5 


Condition 6° 


0.75bobe X10* ku, (S-0.001) (S+1,089)(S - 4,985 KS + 2.9/3) 
a (s Me rb A\s a 
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TABLE III (Cont'd) 


K. =-0.15 


Condition 1: ( 


Wt (e), = 22686 x10 Whe ($-0,0971N5- 0.785 XE + 1.125 £4 0.4415) 
1 ~ A\s 
1 


Condition 23 


- 0.894. x/0® Ku. -0,0/87 (64-2611 XS-1, 964) (S+2. 013,) 
=e de - A(s). 


Condition 3: 


'(s), = 5,417% 10% Ky, (S-3.733 (S+00063KX5+442t4 0,316) 
3 A\s 
3 


Condition 43 


_ 5,293X 10" Ky_(5-0.0073)(S#4.644)(S-5,287(S+S.811) 
= My 7 A(s), 


Condition 53 


mt(s). = 0.3 1o X10" Ky (5+0.94)(S-0, 1066 S-/.04.99)(S -0,02. 20) 
a A(s 
2 


Condition 63 


t(s), = 11367 X10 § Ky, (5-0,0009NS+ 0.9162 )(5-2.979(St 3,000) 
A(s 
6 


TABLE III (Cont'd) 


KR. = 40,2} 


Condition 1; 


9033x108, (S-/.202XS +1, 486NS-0.066)(S+5.4/9) 
KG! (s), = ——— a hl 


Condition 2% 


= ona 08 Wy, (8-0.0179)(8 42.1755 -3,291V St 5.1076) 
al (s), - A(s), 


Condition 3% 


wie). = 2.044 X1b i), (S+000b3YS+7.631)(5-5.86 +4 5.356) 
3 A(s 
3 


Condition 43 


1.464 X108 Ky, (S-0.0073XSt4,74NS-8,64) (S+9.404 
KG" (s), ~ A(s rs 


Condition 5:3 


_ 0.0752KI10" Kis, (5-001 % ($40.92. 1b X'S-2)142 (S42. 710 ) 
Ra (8), a A 8), 


Condition 63 


_ 0,451 X10" kya ($-0.0009NS40,9263NS—S, 29S StS, 42) 
RG" (s )¢ % Als A 
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K. = -0,25 


Condition 13 
KG" (s )5 
Condition 23 
KG! (s do 
Condition 33 
G'(s), 
Condition 4: 
RG" (s), 
Condition 5: 
KG' (s )s 
Condition 63 


RG! (s), 


TABLE III (Cont'd) 


_ 0.3404 x 10'Ky., (6-0.05 US-0.1/75 5+ 1.0103+40,2523) 
- A(s) 
1 


= 1:096x 10% Kwa (S-0.01997)(54+2.454)(5-1.677)(S+ 1.041) 
A\s 
2 


b.54x108 Kus (5-341 NS+4.915)(S+0.0063(S+4446) 
A(s 
3 


_ 6.4027 x 10% Kw (S-0.0073 XS- 4.8033 XS +5#0b)($+ 4.557) 
7 A\s 

a 
_ 0.477x108 Kus (S-0.92b )(S-0,02b\(S+ 0.754) ($-0.046 ) 
a A\s 

5 
_ 1613 K 108 Kua (0.0009 (S+0.912.)(6-2.695(St2.767) 

A(s 
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TABLE III (Cont'd) 


K. = +033 


Condition 1: 


_ 7:04.33x108 ky, (S-0.054)(S+1.344S- 1-846 (5+ 2.191) 
iba?) P A\s 1 


Condition 2: 


2 0.0243 ¥108 Kis, (S-0.0177T KS42:192 (5-6.4977)(S+19.78) 


= —— =<, __——_——e, 


KG' (s )., 
Condition 3: 


Ka" (s \s = 0.926 K10" Ky,, (S+0,.0063)(S+5.292)(S-£,. 26644 12-076) 
A(s 
3 


Condition 43 


mi (s), = (28542 K10" Kus, (S-0,0072. )(S +414 1XS+ 14.404)(S-13.041) 
4 A\s 
4 


Condition 5; 


_=0,0253X10°K $-0.0714)(s+0.9/7 YS-1,.622+ 4 4,00! ) 
MG! (8), i A(s) 
5 


Condition 63 


ile) & 0.146%10" Kuy ($-0,0009XS+ 0,93)(S- 4821) 649.715 


A(s), 
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Ke = -0,3 


Condition 1° 


K'(s), 
Condition 23 
Ka! (s). 
Condition 3: 
IG" (s ). 
Condition 43 
KG' (s ), 


Condition 5; 


KG! (s),. 


Condition 6: 


KG! (3), 


TABLE III (Cont'd) 


_ 0.4171 X108 Kuy (S-0.526 )(S-0, 482 XS+0,93/ t4.0.2412) 

A(s), 
_ 1.309 x10" Ku (S-0.0/93 Xe +Z, 382. \(S~1,534-)(St1.7585) 
i A(s), : 
_ 2662x104 Ku ($+4,044)(S+5.038 (S-3,154 XS+0.0062) 
A\s 3 
_ 7.512 x108 Kiry ($-0.007 aS4,674)(S+ + 80S )(S-4, 4375) 
- A 8), 
- 2.577xX)08 Kiry (S-0.0287 issoces \(S-0.29 ($+ 0.73) 

As 
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_ 1 aAex lO“ Kus (S$-0,0009)(S+0.90%6)(S-24794-\S42,542_) 
A\s 
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In order to corroborate the information obtained from the root locus 
plots of NY and compensating filters, analog computer simulation of the 
airframe and control loop was carried out as detailed in Appendix B, 

The data obtained from the analog study is developed and discussed in 


Chapters on the system analysis, 


Chapter V 


Scope of This Investigation 
Yaw Rate, r, 2s a Lateral Response 


Referring again to Fig. 2, the lateral airframe response yaw rate, 
4, may be inserted into the control loop, The lateral transfer functions 
then become r/o, where r and Op may be expressed in deg,/sec or radians/ 
sec and degrees or radians respectively. The airframe equations for 
each flight condition are contained in Table IV, 

Combination of these transfer functions with the instruments and 
the variable gain parameter, Kw expressed in the units deg/deg/sec or 
rad/rad/sec are contained in Table V and are the open loop transfer 
functions where A(s), has been previously defined, 

Root locus plots as a function of variable gain, Ke were obtained 
as in previous examples and are plotted as such in Figs, 31 through 36, 

As in the preceding investigations, it was hoped from the anal- 
ysis to determine whether this lateral response offers the desirable 
characteristics upon which the adaptive scheme is to be based, 

Simulation of the aircraft and control loop were again made on the 
amalog computer to confirm the information derived from the root locus 


investigation as well as establish definite transient characteristics, 
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TABLE IV 


Three Degree Lateral Transfer Functions for the Response 


Condition 1; 
r/o, 
Condition 23 
r/d, 
Condition 3: 
r/o, 
Condition 43 
r/dp 
Condition 53 
r/o, 
Condition 63 


ep 


“> i 


5S 
" G+0.0194\(S+0.3334- E+ 0.18754 1.6674) 


r/o, for Each Specified Flight Condition 


_ —0. 6075 (S- 0./§ 7054 40,7062)(S+ 1.2189) 


($+0.0657)(S+ 0.1322 KS+04115 t 4 1.5798) 


_ 71.6807 ($+ 0.0061 t 40,5116 (S+2. 2544) 
(S+0,0189)(S+ 2.3412. )(S+ 0. 331 t4 i. Witz) 


e 


- 8,855 - 0.1834 (S+ OAPGAVS4 5.176) 


(S-0,0007)(S +5.207\(St 0,532 £434433) 


— %,7821 (5+ 0.089% ¥ 40,1098 )(S+4.8061) 
(S+0.048)(S+ 4.7742 (540.3511 £4 2,374) 


_ 72-4175 (5-0,0685 + 40.4221 )(S+ 1.0342 


(S4+0.0079)($+0:1404 NS+0.1T 0644 |: 70l6) 


TABLE V 


Open Loop Transfer Functions for the Lateral Response 


4 
a at Specified Flight Conditions 


Condition 1; 


~0.1b To X108 Kr 6- 0. 187154 .0,7062XSt1.2187) 
KG'' (s), 3 ——. a. 


Condition 2: 


-~2,1237xX)0 IK (S+0,0061+ 40,5116 XS+2,2544) 
Ko''! (s). = AG A ; 


Condition 3: . : 


_ =1f.2275 x10 Ka ($-0, 1834 S40. 475 3NS¢ 5. 176) 
ah ka : a(s), 


Condition 4: 


_ 1097) xib Ka (S+0.0998 $40,709 2)\6 +4, Sl) 
mG'' (8), = a (———— 


Condition 53 


) <1,0043x10' ky, (5-0, 1128 t 40,5343XS+ 0.8006 ) 
RG'' (s), = AGG ; 


Condition 6: 


_ -3,0543xX 108 Ka (S-0,0685 +4 0.422) YS +1,0343) 
RG'' (s)¢ = AC ; 
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Chapter VI 
Scope of This Investigation; The Adaptive Scheme 

The adaptive scheme used to vary the loop gain and achieve the 
desired damping ratio is indicated in block diagram form in Fig, 37, 
The scheme is Aeeigaed to select, according to an error criterion, the 
characteristic damping ratio at the criterion minimum by furnishing 
through logic circuitry a voltage proportional to the error incurred 
which in turn drives a servo positioned potentiometer, Design of the 
logic circuitry was accomplished in conjunction with R, K, Smyth, Senior 
Research Engineer and Supervisor of the Advanced Analysis Unit, Autonetics 
Division, North American Aviation Corporation, * 

The error criterion selected as the basis of the adaptive scheme 
was 


c 


E = \ { a] dt 


0 
where A represents the signal chosen to represent the particular airframe 
variable which it is desired to control, With lateral transfer functions 
based on the measurement and control of Ny this variable would become the 
quantity to be minimized, Furthermore, since it would be ideal as concerns 
aircraft control to maintain zero lateral acceleration or zero angle of yaw 
with respect to the aircraft's course, a minimization of these quantities 


would serve to approach ideal conditions with respect to lateral motion, 


* Patent application filed 
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Reference 5 examines the behavior of the integral 


5 Ja| at 
0 


as a function of damping ratio for a second order servomechanism, Fig. 

38 illustrates this graphically, While the integral certainly minimizes 
at a damping ratio of 0,7 for the second order servomechanism, there 

was no reason to suppose that for a higher order servomechanisn, dhete 
dominant complex roots occurred, that the criterion did not minimize 

at the complex root location resulting in the least oscillatory or the 
most damped condition, Root locus studies detailed in preceding chapters | 
indicated that at no time jou damping ratios greater than 0,7 be 
attained, 

Therefore, for these reasons and the additional fact that the 
lateral response was to be minimized, the error criterion stated above 
was adopted, 

The adaptive scheme was designed to operate by supplying periodically 
to the airframe a disturbance in the form of a short duration rudder pulse, 
The response variable to be minimized was measured by conventional instru- 
mentation, The instrument output then formed the basic signal operated 
upon by the adaptive logic circuits, 

The logic circuitry is schematically illustrated in Fig, 39 and 
consists of three memory storage elements or intergrators I,, I, and I, 
relay switches and summation devices which finally provide the output or 
drive voltage to the servo driven potentiometer, 

The time sequencing of the logic circuit was accomplished by relay 
control of a stepping switch. The optimizing period, or, the period during 


which the logic circuit computes its output and the control loop gain is 
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adjusted, is shown in Fig. 40, The period is divided into distinct intervals 
during which the various components perform the indicated tasks, At time 
tay integrators I, and I, might integrate the value of the criterion over 


the period tay to t I, does not integrate at this time but contains 


12° 

the stored value of the criterion from the previous interval, This occurs 

since I, and I, alternate, or, reset and integrate every other period, 

During period l, I, and I, are the working integrators while I, retains a 

stored value from period 0, During period 2, I, has been reset to zero 

and integrates with I, while I, retains its integrated value from period 1, 
The criterion value as obtained by I, is combined with some reference 


value of the criterion to form the adaptive error which is fed to the 


positioning servo, I, and I, compare values by applying their voltages to 


a relay switch, If | z,| Pe Bs; » during t,, to ty> mentioned above, the 
sign switch reverses since the value of error is increasing and the sign of 
the adaptive error applied to the pot servo is reversed, Thus the gain 
will be increased by an increment proportional to the adaptive error in the 
| <]1, 


gain will vary in the same direction as in the previous period, Fig, 41 


opposite direction, Should » the sign will not reverse and the 


indicates the operation of these integrators within several typical 
optimizing periods, 

In order to insure good response from the servo driven potentiometer, 
the servo gain was made a function of the value of the adaptive error, 
A threshold value was incorporated below which the servo gain was a fraction 
of its gain with an above threshold value of adaptive error, This was 
intended to reduce the sensitivity of the gain adjuster when the minimum 
value of the criterion was approached and thus reduce hunting of the 
mechanism, A non-linear potentiometer was included also to permit more 


sensitivity in gain selections, The pot characteristics are presented 
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im Fig. 42 and as indicated provided a lower rate of gain change in the 
lower gain regions as a function of angular positioning, 

The criterion reference signal was available as a predetermined DC 
signal of desired polarity or was capable of being generated as some 
proportional increment of the measured criterion value during the optimizing 
period, The latter method was desirable, in case it was necessary, to off- 
set noise effects in the system by error derivations from signals which 
included the same noise effects thereby tending to cancel undesirable 
inputs, 

The selection of the time interval durations within the optimizing 
period was made on the basis of, the stability analysis conducted on the 
control loop parameters, The primary requirements were that the intervals 
allow integration over the maximum rate of error change and that sufficient 
time be allowed for comparison and reset of integrators in the desired 
sequencs, It was determined from root locus plots of desirable lateral 
responses that a choice of 2 second time interval durations would be 
adequate since in this period of time all responses had achieved one over- 
shoot and essentially one undershoot, Thus the most sizeable Ett one 
in response were measured, 

The dnalysis and basic testing of the adaptive scheme was carried out 
by analog computer simulation of the three degree of freedom aircraft and 
integrating units of the adaptive controller, Timer functions were per- 
formed by a mechanical stepping switch which actuated portions of the 
adaptive controller according to the previous discussionfin thig chapter, 
In order to provide a certain amount of testing flexibility, provision 
was made at the computer console to provide a means of altering the 


magnitude of the rudder pulse disturbance to the control loop and to 
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permit an Bde ee ce nS tantaneous switch from one flight condition to 
another, While unrealistic, this enabled a maximum test of the adaptive 
controller's ability, 

A limited investigation of the adaptive scheme was performed on the 
analog computer by applying the controller to a simulated second order 
servomechanism whose maximum damping ratio was adjustable. The sole 
purpose of this investigation was to permit some check on the character- 
istics of the adaptive controller as applied to a basic system prior to 
its application to the more complex aircraft, It was determined that 
the adaptive logic was correct and that whenever the maximum damping ratio 


was 0.7 or less, the logic was eapable of adjusting the servomechanism 


gain so that this maximum damping ratio was achieved, 
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CHAPTER VII 
The Analysis of Ny Plus lead Filter System 

As stated previously in Chapter IV, the case of negative feedback 
using filter 1 was entirely unsatisfactory. Using negative feedback a 
damping ratio greater than that for Ky equal to zero could not be 
obtained, Therefore, negative feedback will be discussed no further for 
this case, 

The case of positive feedback, however, Shows satisfactory results 
possible in several ways, First, it permits adaptive control of the 
feedback gain, By this it is meant that an improvement in damping ratio 
can be obtained by varying Ky Secondly, the period of the high frequency 
pair is acceptable, and finally, the range of values for Ky is reasonable, 
Table VI contains the estimated optimum values of Ky? damping ratio, and 
natural frequency, Qs for this scheme, To obtain these values the system 
was considered to approximate a second order system, The value of Ky 
was chosen from the root locus plots such as to give the best damping ratio 
and still have stable roots of the characteristic equation. From these 
values one can see that a mean ¥ of 0.3 is achievable, excepting condition 
3. In other flight conditions, 2 and 6, greater damping ratios can be 
obtained, The period of the short period response varies from 3,5 seconds 
to 1,36 seconds, 

In figure 6 through 11, and in all subsequent root locus plots, no 
attempt was made to show the loci emanating from the autopilot actuator 
and measuring instrument poles, This was possible since the IBM studies 
showed that these roots moved only a short distance for the range of loop 
gain employed and the roots could be considered as essentially constant, 

Table VII contains a tabulation of several of the significant root 


loci characteristics for all six flight conditions of this case. Note 


fas 


TABLE VI 


Root Locus Second Order Approximations of Transient 
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Characteristics 


Ny Plus Filter l 
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> 0.45 
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that no phugoid oscillations will occur, and only condition 3 has a spiral 
divergency condition, The system exhibits the possibility in conditions 
1, 2, 5, and 6 of a higher frequency mode going unstable first if Kuy is 
set at too high a value, These are also the conditions whichare relative- 
ly insensitive to gain changes, especially with regard to the movement of 
the short period pair of roots, Flight conditions 3 and 4 represent the 
most sensitive conditions of the system, Here the value of Kyy must be 
low and closely regulated for stability. The varying degrees of sensi- 
tivity to gain changes are due to the airframe transfer functions and must 
be tolerated, 

It may be noted that from these root loci studies an acceptable 
basis for the proposed adaptive system may be found, A variation of Ruy 
as flight conditions vary will produce a system which will have a more 
acceptable response than a fixed gain system, This fact is substantiated 
by the variance in Kyy necessary to produce acceptable response over the 
region of flight. If the relative degrees of sensitivity to gain changes 
does not prove to be a prohibitive factor, this scheme is suitable for 


adaptive control using only gain changes, 
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CHAPTER VIII 
The Analysis of Ny Plus Lag-lead Filter System 

Negative feedback was used in this scheme with the most success, 
With positive feedback the short period pair went directly into the 
right half plane, and therefore will be discussed no further for this 
case, 

The scheme of using negative feedback with filter 2 will be dis- 
cussed first, This scheme also showed desirable characteristics since 
it was possible to vary the location of the dominant complex pair by a 
variation of Ky’ However the frequency associated with this pair of 
roots was in general lower than those experienced with filter 1 and the 
gain variation range was considerably larger. At the same time, the 
damping ratios were generally greater and showed less variation from one 
flight condition to another at the optimum values of Ky The most 
desirable values of Rye S and a are tabulated in Table VIII, These 
values were obtained by overall stability considerations and the use of 
a second order approximation as in the case of filter 1, The value of 
Ky was again chosen for the best damping ratio consistant with stability. 
The values for this scheme using filter 3 are not included in Table VIII, 

Table VIII shows that a damping ratio of 0.4 or better is a capability 
at each flight condition, with 0.54 being the maximum, The period of the 
high frequency pair varies from 4.8 seconds to 2,1 seconds, However, in 
this scheme, the period is more consistent than with filter 1, In addition 
there is a capability of providing a constant damping ratio, 

Several of the significant characteristics of the root loci for the 
six flight conditions have been tabulated in Table IX, This tabulation 


is the case of filter 2 only, The pugoid pair of roots, if oscillatory, 
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TABLE VIII 


Root Locus Second Order Approximations of Transient 


Characteristics 


Ny Plus Filter 2 


Flight Ruy 8, 
Cond, deg/g af rad/sec 
1 115 0.44 1.4 
2 2a. 5 0.54 1.4 
3 5 0,515 3.0 
4 1,4 0.44 2.3 
5 130 0.44 1,3 
6 23 0.54 1.5 
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have a very low frequency and move rapidly into ie right half plane once 
they break out of the negative real axis, This results in these roots 
generally dictating the limiting values of Ruy for stability. The pair 
of roots on the loci from the double pole at s equals -10,0 do threaten, 
in several flight conditions, to go unstable at about the same values of 
Ky : 

The root loci study using f¥lter 3 to compensate the lateral charact- 
eristic Ny was conducted primarily as an investigation of filter perturb- 
ations, Again, as with filter 2, positive feedback was unsatisfactory, 

It failed to allow an increase of damping ratio for an increase in Ky due 
to the fact that the short period loci moved immediately into the unstable 
right half plane, Referring to Figs. 18 through 23, note that the loci 
followed very closely the characteristic loci for filter 2 at each 
condition of flight, There are, however, two major differences, First, 
the loci from the two real poles (at s equal to -8.0 and -10.0) emerges 
at a value of s between ~&.9 and -9.0, Secondly, the roots move along 
the locus segments very slowly and consequently 2 change in Ky produces 
less movement with filter 3 than it did with filter 2, These loci show 
that an adaptive control might be feasible but this filter was not con- 
sidered further in the study because of the following reasons: (1) 
Higher values of gain could be used to get an acceptable damping ratio 
but this in itself is not an advantage over filter 2, (2) The higher 
gains which are necessary to obtain comparable values of damping ratio 
and natural frequency cause the phugoid pair to become unstable, 

Therefore, the scheme using filter 3 showed no great improvement 
over the advantages of filter 2, 

The study of filter 2 and 3 indicates that system characteristics 
desirous for adaptive control are present, As previously stated, filter 
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2 is preferable to filter 3, While greater damping ratios ire obtainable 
with filter 2 than those obtained in the scheme using filter 1 the 
corresponding frequency is lower, The range of Ky necessary for adaptive 
fontrol using this scheme is large and might be difficult to obtain satis- 
factorily by adaptive control, This range extends from a Ruy ef 144 to 
130 deg/g to insure provision for the most acceptable response, Great 
accuracy and sensitivity in the change of cain by the adaptive controller 
would be required since the stability limit of several of the flight 
conditions is close to the most acceptable gain for short period root 
location, The gain change, from one flight condition to another, must 

be quickly achieved in order to prevent large gain change requirements 


from causing temporary instability. 
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CHAPTER IX 
The Analysis of Ny Plus r System 

The root locus study of this scheme was performed in the manner 
indicated in Appendix A, Although both positive and negative feedback 
were developed, the use of positive feedback was found to be unsatisfactory 
in comparison with the loci using negative feedback, This again was due to 
the short period pair moving directly into the right half plane, Conse- 
quently damping ratios could not be obtained which were greater than 
those achieved with Ruy equal to zero, Therefore, the case of positive 
feedback is not further developed, 

Since the nature of this particular study was merely to establish 
feasibility, only the loci of the short period pair was plotted, However, 
the phugoid pair loci was plotted for one flight condition as a general 
indication of performnce, Compensation was not used, and in general the 
root loci allow a satisfactory placement of the short period pair of roots 
without compensation, These root loci plots are a family of loci in the 
sense that they show the effect of a variation of K. . For the other 
flight conditions the phugoid pair either did not become complex : or, for 
the range of gains used, did not become unstable, - 

By considering that the system could be approximated as a second 
order system, and choosing 4 value of K. equal to + 0,2 as representative, 
the values of damping ratio, natural frequency, and Ky used to position the 
roots are tabulated in Table X, These values are again chosen so as to 
give a good damping ratio and still have a stable system, The range of 
Ky is about 115 to 1 which might prove difficult to provide by adaptive 
means, Another complication is that the flight conditions which require 
the smaller values of Ruy are the most sensitive and cannot tolerate large 


gains without severe instability, The available frequency associated with 
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TABLE X 
Root Locus Second Order Approximations of Transient 


Characteristics 


N, with K. | K.. = + 0,2 


Flight o 
Cond, de ee rad/sec 
1 230 0.63 Tene 
2 15 ; 0.465 0.96 
3 5 92 0.575 2,18 
4 ae? 0.62 1,06 
5 230 0.476 1,26 
6 11,5 0.656 1,08 
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the short period roots is low and not too consistent, This short period 
varies over a range of 6,5 to 2.9 seconds, 

Perhaps a brief look at the root locus plots of the individual flight 
conditions would be in order, In Fig, 24, for flight condition 1, the 
short period pair displays a varying behavior, With larger negative values 
of Re the loci parallels the imaginary axis toward the origin, However 
with smaller values of positive Ke the loci approximately parallels the 
negative real axis, Finally with Ke equal to 0,3 the loci starts to curve 
up quickly, The effect of varying Ke is quite pronounced in this flight 
condition, 

For flight condition 2, as shown in Fig, 25, the effect of K is much 
less pronounced, While the loci does show some shift due to varying the 
value of Ke» in general they proceed downward and nearly parallel to the 
imaginary axis, Ultimately they proceed down to the negative real axis and 
become real roots, . 

Fig, 26, that of condition 3, the same pattern is shown as for 
condition 2, However, the loci bow out hore from the imaginary axis and 
the effect of K. is more PivASmaed:, This flight condition, as always, 
exhibits sensitiveness of Ky changes, — of the loci curve away, rather 
all of them proceed down to the negative real axis, 

Flight condition 4, shown in Fig, 27, follows closely the general 
pattern found in the condition 2 loci, The flight condition is sensitive 
to gain changes as was to be expected, The effect of K was noticeable but 
again produced no marked effect, 

Flight condition 5, normally a well behaved condition, was again so, 
This is noted in Fig, 28, where the loci return to the same general pattern 
as that found for condition 1, The effect of Ke is shown by the tendency 


of negative values to pull the loci close to the imaginary axis, Positive 
89 


values tended to move the loci out into the left half plane and more 
closely parallel with the negative real axis, Fig, 29 is a plot of 

the phugoid pair for flight condition 5, to an expanded scale, This is 
included to show the general pattern of this pair of roots in all flight 
conditions as well as its pattern for condition 5, The effect of KX is 
not very large, The roots follow pretty much the same path, or at least 
form a very narrow pencil, The phugoid pair, if Ruy is large enough to 
permit it to develop, contribute a very low frequency, It is also seen 
that the value of gain chosen in Table X must be reduced with positive 
values of Re to have a stable phugoid pair, This reduction would be less 


than 10% of the tabulated vale, 


Finally, flight condition 6 is portrayed in Fig, 30. The loci pattern 
here is somewhere between that of conditions 2, 3, and 4 and that of con- 
ditions 1 and 5, The effect of K. is noticeable but not pronounced, This 
loci family is not very sensitive to gain changes and for a range of Ruy 
values from 10 to 15 exhibits almost constant frequency and only varies 
damping ratio, The variation of damping ratio is quite small, 

In summary it may be noted that from the standpoint of placement of 
the short period pair and stability, this scheme could provide some basis 
for self adaptive control, It, of the schemes previously analyzed, 
provides for the most consistent damping ratio which is closest to 0.7, 
However, achievement of this damping ratio for all flight conditions 
requires a wider variation of Kyy than the scheme analyzed in Chapter VII¢ 
Also the frequency of the system is low and speed of response would con- 
séquently suffer, 

Perhaps the most interesting thing about this scheme is the effect 


of K. . The value of Ke has practically no effect on damping ratio for a 
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fixed value of Ky Of course, one must restrict this statement to the 
more well behaved regions of the loci, The sole effect of K.. seems to 

be to vary the frequency of the short period pair, The dominant frequency 
increases with increasing values of Ke. While it affects the other roots 
its effect is most marked on the short period pair, This particular 
characteristic may be noted in flight condition 5, Fig. 28, Here for a 
fixed value of Ruy? the short period roots for various values of KR. lie 
very close to a constant damping locus, 

There are two more noticeable characteristics of this scheme, First, 
the lines of constant Ky have a negative slope for Ruy values low in the 
stability range, As Rng increases toward the maximum stable gain, this 
slope of the constant Ruy lines becomes positive, This can be most readily 
seen in Fig, 26, This shows that for higher values of KR the movement of 
the root for a change in Ruy is increased, Second, the effect of varying 
K. has the opposite effect on the phugoid pair as compared to the short 
period pair, It may be noted in Fig, 29 that, as K increases, the loci 
tends to collapse on the origin, Thus, the frequency of this pair of roots 


decreases with increasing Kyo 
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CHAPTER X 
The Analysis of the Yaw Rate System 

The origin of the root loci plots for this scheme were obtained 
using the procedures of Appendix A, While the loci for both negative 
and positive feedback were computed, the negative case was unsatis- 
factory. For this case the short period pair did not possess the desired 
characteristics and there was a real root at, all times on the positive 
real axis which moved rapidly away from the Pict with increasing gain, 
Further discussion of this feedback case is considered unnecessary, 

The loci of the control loop with positive feedback are plotted in 
Fig, 31 through 36 for each of the six flight conditions, The values of 
damping ratio, natural frequency, and variable loop gain, Kes are listed 
in Table XI, This again assumes that the transient oscillation charac- 
teristics can be approximated by the second order short period pair. 
These values were selected for the damping ratio closest to 0,7 with the 
loop still stable, 

Noting the values in Table XI it can be seen that this scheme, as 
far as the root loci is concerned, is capable of providing desirable 
oscillating characteristics throughout the region of flight by a variation 
in K. . The range of gain is of an order of magnitude readily attainable, 
A damping ratio of 0,7 is possible with the exception of conditions 3 and 
4. For these conditions, the most acceptable damping ratio is lower, 
For most flight conditions the frequency is low but practically uniforn, 
while the frequency for conditions 3 and 4 is high, An @ of 2,0 rad/sec 
is slow and one of 4.4 rad/sec, as in condition 3, is slightly high, It 
was noted that the flight condition with higher short period frequencies 
also exhibited smaller damping ratios, This results in a marked difference 


in responses over the flight region, 
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TABLE X 


I 


Root Locus Second Order Approximations of Transient 


a WD 


Characteristics 
Yaw Rate 
Ky 
dep/g BR 
1s: On 
0.9 O57 
2. 0,35 
0.3 O,62 
2,0 OT 
O55 O57 


a3 


Table XII contains the more significant characteristics of the root 
loci for this case, Here again the stability limit for K, is set by the 
phugoid pair offroots, except for condition 3, This condition has a 
spiral divergency condition at higher gains and this root thus limits the 
value of K, which can be accepted, 

In summary, this scheme indicates that a variation in control loop 
" gain could provide desirable damping ratios and frequencies from the 
short period pair, The range of K. is small and capable of provision by 
a self adjusting system, However, the frequency of the short period pair 
is too low in general based on human pilot preferences previously indi- 
cated and varies by a factor of 2 within the six flight conditions, 

The fixed gain performance of this scheme is quite acceptable, 
However, the response could be improved with self adjusting control, 

The phugoid pair was not troublesom, but as previously stated, one 
flight condition did exhibit spiral et Ta Further discussion of 


this scheme and its acceptability is contained in Chapter XI, 


94 


eTqraazya 


=-8 ; duytdurep *barj 
[ *puoo afed eueTd jrey poods ‘{T *puoo mot ‘Spaduep [[am 
JOojJ st usoyqzed ames prognudg *q4r UF eUON IOjJ ste cures ATameizxa *°9s0 % 9 
eTQeAetyoe 
suydmep poogs peduep [Ta pu 
T ° paoo aIzed eueTd jr ey Alea *T ° puoo °barj mo[T Ara,q 
JOj se usaqqzed cues pyognug °q4a uz sUON IOoj se oes *oso se doTseaag GE 4 
€ °puod uvyy Je}}0q sped suyduep 
pofied yazoys uo gZuydureg pood ynq °bazy 
pelfsap sen[ea uTes I0j ated Jaysty o7 dn °barj 
S}XB [vel JO 4ynO YFeouq pofaed suetd j[ey A[ptdes peaow MOT ‘°9S0 st 
qou seop ated pfognug qaoys *4il uy eUON ‘aped yusupWog doTeaep us Ee 4 
Zutdwep poos 
sufAefyoe you 
eTFan * berg - 
ysty AT eat 
wueTd jley -ssaoxe 03 dn 
Ppeys}xXea uot pF puoo *41 OQUT A[Tpydez peaow 
eouUsdIeATp [Tei~ds  yoor [vay peaow y.ooy ‘ited yusutwog oUON| €€ € 
s}xe [eed 
SsTxe jo yno ajouq 
[eel jo yno uaxHouq yOu sues Jaysty pe 
sey ifed pfosnyd ayed WW “SsyTxe [eeu eseo sty} ut 
pofied 4yI0Yys poitsep ifed eueTd j[ey *Zoau 03% aaou *oso se dote 
toj san[Ba uzed yy pyosnud “4a UT eUuON ‘aped yusuTuog -Aep OU TTIM cE c 
ized pfognyd 
eTQezdeoou yyyM pues suyed 
Saped pofaed yuoys ifed euetd jTey TLe 20g *ias0 yee/ Pee G°O 38 
uo guydmep pood £10, pyosnuy *q4i Uz UCN ‘aped quvutuog ydurep pooy T€ T 


apoE =«-« SOFASFaAeyowereyQ = =-_- S OF. PS Fuayowsreyy SOFUSTrazoOeIBYD “BTq  °puog 
eT 23 Sul) }OO"N TeeY poftag P10US prognyd "JU STL 


eu MbX OJ sopysTsepoereyQ snooy yooy petydmog 


TIX FIavl 


99 


CHAPTER XI 
Summary of Analysis and Analog Computer Verification 

As mentioned in the previous chapters the analysis of the system was 
specifically directed toward noting the characteristics of damping ratio 
and frequency associated with the dominant complex roots, The existence 
of a phugoid pair of roots and, or, real roots close to the origin will 
certainly modify the transient response, However, in that phase of the 
analysis it was feasible to consider only the phugoid pair and any real 
roots from a qualitative standpoint. This allowed the various schemes 
to be compared from the standpoint of root locations, since the primary 
desire was to place the short period pair at a desirable location for 
oscillatory dominance, 

The root loci in the analysis took into account, computation, all 
poles and zeros, However, only one quadrant and the loci most important 
to the analysis were shown in the figures, Thus the analysis was based 
on very accurate root loci configurations which enabled good qualitative 
comparison, 

In this analysis, which of course was to outline the requirements and 
feasibility of self adapting control by gain variation only, the values 
of gain considered best for each flight condition have been chosen and 
tabulated in Tables VI, VIII, X, and XI, These were determined on the 
basis of a damping ratio, closest to 0.7, with the system still stable, 
and a frequency as close to 3 rad/sec as possible, These were considered 
to be the ideal response characteristics for the dominant short period 
pair, A reasonable contribution from a phugoid pair could be tolerated, 
as could a spirally divergent condition, as long as they were within the 


control capabilities of the pilot or autopilot, 


9% 


From basic research and previous experience, there exists the 
definite possibility that the small value real roots, very close to the 
origin, will in effect vanigh when the entire autopilot and all‘its loops 
are closed, 


rd 
As previously stated the purpose of this analysis was to choose a 


scheme which would be the best for self adaptive control. The scheme 
chosen was Ny with filter 1 compensation, This scheme was chosen since 


it offered the best combinations of aerodynamic suitability and root 


4. 


é 


location possibilities, is 

As this rudder control loop normally functions independent of the 
maneuvering section of the autopilot, this loop plays a dominant role 
in insuring a coordinated turn for the aircraft. This coordination is 
mandatory for acceptable maneuvering performance, Since lateral accel- 
eration of the c.g, is one of the best indications of coordinated turning 
there are no aerodynamic reasons for rejection, With Ny equal to zero the 
longitudinal axis of the aircraft is parallel,to the airstream at all 
times , 

The root locations possible under the adopted scheme were not exactly 
as desired but represented the most acceptable in overall considerations, 
The short period pair are not well damped but the damping ratios obtainable 
are fairly consistent, For flight conditions 1, 2, 5, and 6 the frequency 
is lower than that desired but this was characteristic of these conditions 
for all schemes, Also quite important is the fact that no real roots were 
unstable ‘F the range of desirable Ky with the exception of condition 3, 
This conditfon possesses a real root segment in the right half plane, but 
short period root location could be effected with the unstable root still 
close to the origin, For the range of gain necessary for adaptive control 
the phugoid pair does not become oscillatory in any flight condition, 

oF 


In flight d¢enditions 1 and 5 the system exhibits relative degrees of 
insensitivity to gain changes, This is characteristic of these conditions 
mainly because of the low q involved, while for conditions 3 and 4 the 
system is very sensitive to gain changes, These are the conditions with 
a high q. However, Ny plus filter 1, with the mentioned drawbacks, still 
represents the best scheme and as such was selected for the Adaptive 
Controller phase of the study, 

The next scheme was that of Ny with filters 2 am 3, This scheme was 
capable of providing a system for self adaptive control, However, in 
comparison with the Ny plus filter 1 scheme it was less desirable. The 
range of gain values required Was greater, and, even though achievable 
damping ratios were better, the frequency of the short period pair was 
lower resulting in a slower response, The phugoid pair held their positions 
on the negative real axis and then became unstable very quickly with in- 
creasing Ky: Thus the phugoid pair was oscillatory for just a very small 
range of gains and obviously at a very low frequency. In fact this pair, 
in general, were the roots which provided the stability limit, 

As in the case of the other investigations, flight conditions 3 and 
4 were the most sensitive to gain changes, The gains could be kept low 
enough in each of these conditions to prevent any spiral divergence 
condition from arising, and while the damping on these short period pair 
was Wtentati~ their companion frequency was too high, 

The perturbation scheme, using filter 3, proved to be even more 
unsatisfactory, It contributed loci essentially the same as those with 
filter 2 but they were much more insensitive to gain changes, The response 
was slower and in general filter 3 was no improvement on filter 2, 

The next scheme used in the analysis was Ny with r, This scheme 
was also acceptable for self adapting control and required no compensation 
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filters, The damping ratios are good, the frequency is low, and the 
range of gains required is large, However, the principal drawback might 
be the presence of aerodynamic roll cross-coupling effects which enter 
because of the r term, and make coordinated maneuvers somewhat difficult, 
Since only the feasibility of this control was investigated, no attempt 
to apply it to the adaptive controller was forthcoming, 

The investigation of this scheme does give some information in rather 
an indirect manner, While the lateral accelerometer is to be placed at 
or displaced from the aircraft center of gravity, the c.g. may move, The 
analysis of this scheme shows that such movement affects principally the 
frequency of the short period pair and not their damping ratio. This my 
provide some limits on the amount of c.g, shift a system using this scheme 
can tolerate, 

The last response analyzed was that of yaw rate feedback, This scheme 
gave good damping ratios and a reasonable range of gain required, The 
frequency of the short period pair, while low, is acceptable, However, 
the scheme is essentially unacceptable, with an integrated autopilot, 
from an aerodynamic standpoint, The roll coupling could prevent coordinated 
turns, As the aircraft banked into a turn the yaw rate introduced might 
oppose the change in heading, Considering a three degree of freedom 
aircraft this scheme is quite satisfactory but with a five degree of freedom 
aircraft it may be unacceptable, 

As an integral portion of the study the analog computer was used to 
verify the predicted performance obtained from the root locus analysis, 

The three degree aircraft equations of motion as well as all loop transfer 
equations were mechanized for the analog computer as indicated in Appendix 
B, Transient characteristics were investigated for all lateral response 


schemes with the exception of Ny plus Ker ; 


ve, 


The major reasons for this portion of the analysis were to determine 
response characteristics not discernible from the root locus analysis, 

The inputs were 1 deg, rudder deflections (6, ) and 1 deg, gp , or sideslip 
angle, gusts, The loop gain was varied, as in the root locus approach, to 
establish the optimum gain for each flight conditions, In addition the 
value of gain at the stability limit was obtained, These values agreed 
rather well with those obtained in the root locus study, 

The transient characteristics, as determined from the analog study, 
are tabulated in Tables XIII, XIV, and XV, Comparing Table XI with Table 
XIII for the case of r feedback it may be noted that for flight condition 
3 the second order approximation is quite good, However, for the other 
flight conditions particularly damping ratio correlation is poor, This is 
due, mainly, to distortion of the transient response due to real root 
influence; This fact can be illustrated by referring to Fig. 43 which 
illustrates the most acceptable r responses obtained at each flight condition, 
Since the real root distortion of the basic second order response was present 
in every flight condition, the existence of errors in determination of damping 
ratios is probable, Therefore, the characteristic response is not approx- 
imated by a second order system for the flight conditions, 

For the Ny with filter 2 scheme the second order approximation was not 
totally free of distortion, The transient response data, for the most 
acceptable Ny response as shown in Fig. 44, did not conform to the Stina a 
values of damping ratio and frequency, Again this was the result of real 
root influence on the transient characteristics, Resultant distortion of 
the oscillatory response of the short period roots made data correlation 


impossible or inadequate, 
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TABLE XIII 


Analog Computer Second Order Approximations of Transient 


Characteristics 


Yaw Rate Feedback (No Filter) 


Inputs 1 deg Op or 1 deg p Gust 


Flight K. f f (cps ) T(sec ) 
Cond, deg/deg/sec Est, Actual Est, Actual Est, Actual 
0.4 0.44 0.244 Jl 
0.6 ; Oni, 0.263 3.6 
0.8 Gale 0.25 4,0 
ie Oe 0.263 Bee 
1.5 0.62 0.23 0,302 0.25 3032 = 4 
2.0 0225 0,228 4.4 
2 O95 0,42 0.278 326 
0.75 0.44 0.286 Bao 
1,0 OR O55 0.286 One” 3.48 Baa 
2 0.6 O227, Ben 
5 42 = a 
ZO 0.4 --- --- 
3 Get 0.47 0.588 be 
O15 0931 | 0,588 1,7 
G.2 0.35 Ona2 arn” 02625 ees 16 
OE25 0.405 0,588 Ie 
On3 0.42 ; 0.588 Bh 
O52 O55 0,588 Nf 
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TABLE XIII (Cont.) 


Flight K. f (cps ) T (sec) 
Cond, deg/deg/sec Fst, Actual Fst, Actual Est. Actual 
4 0,2 075155" 026 Of475 ORT Za 63 

FB) 0.6 —— = 
0.8 e aaleks Har Se 
osc@ 
: 2 cps 
5 0.5 0,28 Oy 3.7 
0 OF21 OS276 3.6 
is 0.52 0.28 0,318 0,278 3.14 3.6 
6 0-1 Response too distorted to provide good estimte 
on and’ £’, 
Damping comparable to 1 overshoot and low 
undershoot, 
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TABLE XIV 


Analog Computer Second Order Approximations of Transient 


Inputs 1 deg b, or 1 deg p Gusts 


Characteristics 


N_ Plus Filter 2 


y 


Flight Ruy Po f (cps) T (sec) 
Cond, deg/g Est, Actual Est, Actual Est. Actual 
al 10 O32 SS & 0.256 one 
20 0532 0.25 4,0 
30 0,42 0.25 4,0 
40 0.475 0,244 hed 
50 0.475 - 0,244 Al 
60 0.54 0.227 LA 
70 0.54 0.222 LS 
80 OL? 0,22 5 
90 0.4 O17 On222. 0.22 Wed oD 

2 1.5 0.2 0.286 Bee 
2.0 0.2 0.286 365 
255 0,18 0,286 385 
3.0 0.2 0.294 Pl 3.4 
420 0,195 0.294 ~ Bed 
2,0 0.21 0.303 33 
12 0.22 0,333 30 
US 0.25 O5303 Boe 
20 0.24 0.303 BAS, 
23 0.44 -— 0,222 o-- AS, ——= 


TABLE XIV (Cont.) 


Flight Ky Sf f (cps) T (sec) 
Cond, deg/g Est, Actual Fst. Actual Est. Actual 
3 ie 65 Oe23 0.5 2.0 
1.) 0,27 0,526 19 
2.0 0.285 0,541 1485 
252) 06225 0.541 1.25 
2.5 O32 0.32 O51 0.5 1.6 2) 

4 O32 02185 0.345 Pao 
0.5 One O57 2.8 
0.7 0.32 0,333 3,0 
0.9 0.34 0.313 3,2 
1.4 0.44 OF 5 2a 
1.5 Diverges 

5 15 (yal 0,266 Py 
20 G09 0,25 4.0 
25 O14 0.25 | 4,0 
30 0,12 0.25 4,0 
By, OAL OES) 4.0 
40 Oe O25 4,0 
45 0.14 0.238 42 
50 Oeto4, 0.12 0.27 05236 BA Loe 

60 Oe3 0.02 One”, BALL 
O65 0,06 0.263 Sls. 
OFT 0,02 0,27 Bat 
On 0.02 0.27 BAU 
L=2 0,02 Oy27 Bet 
eo Oey 0,02 OF27 0.278 BP 3.6 
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TABLE XV 


Analog Computer Second Order Approximations of Transients 


Characteristics 


AE Plus Filter 1 


Inputs 1 deg Op or 1 deg gp Gust (High Freq, Values in Parens) 


Flight ‘ny f £ (cps) T (sec) 
Cond, deg/g Fst, Actual Fst. Actual Fst, Actual 
1 10 O223 0.25 4.0 

1s) O27 0,278 Bee 


20 O.312 0637 0,288 0,263 3.48 3.8 


25 0.5 0.286 3.5 
(1.67) (0.6) 

30 0.5 OG 5.0 
(1.43) (0.7) 

37 0.6 0.278 3.6 
(0.3) (1.43) (On 7) 

40 0.6 0.333 3.0 
(0.3) (1.43) (0.7) 

45 225 = eo 
(0.2) (1.33) (0.75) 

50 == = a5 
(0.14) (1.43) (O27) 

55 --- --- --- 
(Ong) (23) (0.75) 

60 Es a ee 
(0,085) (e383) (0,75) 

65 -~- — --- 
(0,02) (1,25) (0,8) 
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TABLE XV (Cont,) 


Flight Ruy ¥ £ (cps) T (sec) 
Cond . deg/g Est, Actual Est, Actual Est, Actual 
2 16 Opi7 0,286 305 

220 0.185 0.286 34) 
26d 0,18 0 .286 Be 
2.0 On2u 2 0%29 Sly oye 
252 O25 OF294 >. 34 
4,0 Oeet 0,303 360 
Ae) 0,22 0.294 3.4 


5.0 0.45 Q.24 0,35 0.294 2.85 354 


Deo 0,24 0.294 Ba4 
3 0.5 0,22 0.265 0.78 0.625 1.37. “166 
0.75 0.33 Oe? Loo 
a0 O33) O92 nee! 
39) Oe225 a 0.9 
1.5 0,0 d2> 0.8 
4 0.3 0.275 0.385 2.6 
0.5 0.295 0.435 ar) 
0.6 0.4 0.455 2.25 


0,7 O29 0.4 0.605 0.476 W565 25) 


0.8 0.4 0.5 2.0 
0.9 0.47 © 526 1.9 
0 0.62 0.466 2st 
1272 0.0 ie? 0.82 
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TABLE XV (Cont,) 


Flight Ky c f (cps) T (sec) 
Cond, deg/g Est. Actual Est, Actual Est. Actual 
5 10 0.13 0,278 3.6 
15 0.u4 } 0.278 3.6 
20 On25 0.14 ©. 32 0,278 Bele 3.6 
25 0,17 0,286 35 
30 0,21 0,286 3.5 
25 0.3 0.278 3.6 
33) (0.75) 
40 033 --- ae 
(1,33) (0.75) 
45 (0.05) (2-33) (0.75) 
6 2.0 Onn 7 0.308 3520 
3.0 0,185 6.333 3,0 
70 0.24 O5333 B20 
5.0 On42 0,29 0.382 0,345 2762 «2.9 
6.0 0.29 0.364 ed 
7.0 O54 0.4 255 
8.0 0.5 -——— -——= 
(0.15) airs (0275) 
9.0 --- Sees aa 
(6.05) (1,25) (0.8) 
é 


LCF 7 


r (deg/sec) 


aa 
pt | tt 


ime Scale: 1 div=1 sec 


52=1 deg(+) 


‘Airframe Response, r, to Command itudder Input at Optimum Loop 
Gain for wach «light Condition. 
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Time Scale: 1 div =1 sec 
8 R=1 deg (+) 


Fig. LA, 


Airframe Kesponse, N,,. to Command udder Input with Filter 2 
Compensation and at bot inti Loop Gain for wach Flight Condition. 
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In the final scheme, Ny with filter 1, studied on the analog computer 
the Ny response obtained was closer to that predicted from the root locus, 
While the second order approximation was not exact it was quite close for 
all six flight conditions, This may be noted from a comparison of the data 
in Tables VI and XV, Fig. 45 contains the characteristic response of Ny P 
at the most acceptable values of Ruy? for each flight condition, In 
general, the damping was less and the frequency lower than the second order 

_root locus predictions, However, the higher frequency oscillation discussed 
in Chapter VII does make itself evident, This data is included in Table 
VII, The lower damping ratio and frequency represent the contributions 
from roots in regions adjacent.to the origin, 

It must be concluded that the analog study definitely verified the 
choice of the Ny with filter 1 scheme for adaptive control, The oscil- 
latory nature of the response essentially permitted a more rapid control 
of damping ratio as a function of variable loop gain, The real root 
distortion of the dominant complex roots in the case of filter 2 and in the 
use of r as a lateral response were detrimental in provision of a rapid 
indication of varying ¥ , 

Furthermore, this analysis demonstrated the feasibility of Adaptive 
Control of this system over its flight regime, using gain changes only, 


and indicated that this was possible with several schemes of feedback, 
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Airframe Kesponse, N,, to Command itudder Input with Filter 1 
Compensation and at Optimum Loop Gain for wach Flight Condition. 


Chapter XII 
Analysis of the Self Adaptive Scheme 

On the basis of the stability analysis conducted on the aircraft, 
the lateral airframe response corresponding to Ny with lead filter 
compensation, filter 1, was selected as the response to be controlled, 

Values of Ruy were chosen as those variable gain values which permitted 

the criterion value to minimize, In terms of damping ratios, this 
corresponds to a od equal to 0.7 or if not obtainable, f equal to a max- 

imum value, Table XVI contains the values of Ky optimum and & corres- 
ponding to Ruy optimum determined by results of the analog computer stability 
study, J 

Input disturbance to the airframe was supplied by a short duration - 
pulse input inserted by signal generator into the loop at the input side 
of the variable gain pot, The pulse was below the pilot's threshold value 
of 0,05 g lateral acceleration, 

Results of the adaptive scheme as applied to the selected lateral 
response are contained in Table XVII, These data are basically arranged 
with regard to flight condition and may be discussed in this manner, 

The landing condition, condition 1, was tested and found to be extremely 
sluggish in adaptive corrective response, While the optimum gain selected 
from the analysis should have been Ruy equal to 25,0 deg/g, the system 
barely corrected from the initial Ky of 0,5 in a period of two minutes, 

More success was obtained by letting Ruy equal 10 initially, In this case, 
the adaptation was more satisfactory but a Ruy equal to 30,0 deg/g was 
selected by the scheme, Finally, an initial Ky of 40,0 deg/g was incor- 


porated and adaptation served to produce no change in the variable loop 
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TABLE XVI 


Values of Ky for Desired Optimum and Corresponding f 
y 


Fae ie (optimum) deg/g y 
1 25.0 005 
2 5.5 O.2h 
3 1.0 0.35 
4 0.9 0-47 
5 30.0 0.21 
6 7.0 0.4 
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gain, This testing was carried out with zero reference signal, Testing 
at 0.4 volt reference signal indicated that the flight condition was 
essentially insensitive to the polerity re the reference but did tend to 
adapt very slowly for the + 0,4 volt reference, In all cases tested, the 
maximum lateral acceleration was well within the threshold of the pilot, 
The system recovered when purposely given an unstable loop gain as an 
initial value, The final Kyy sought by the mechanism was varied about 
the optimum value selected from the root locus plots, 

Flight condition 2 exhibited satisfactory tendencies while using a 
+ 0.4 volt reference signal, Adaptation for zero or negative referencing 
was either prohibitively slow ‘or unsatisfactory, Under the positive ref- 
erence signal, the Kyy sought by the system was at all times between the 
values of 3,0 to 6.0 deg/g. This compares with an optimum Ky of 5,5 
deg/g, At Key equal to 0,5 initially, adaptation was slow, The system was 
able to seek the optimum gain region with conditions of stable and unstable 
loop gains initially imposed, An investigation of the behavior under 
increased pulse disturbance resulted in the system seeking the 3,0 value, 
The maximum lateral acceleration experienced in the stable testing above 
was 0,02 g. 

Flight condition '3 as with the previous flight conditions performed 


most satisfactorily with a positive reference value, With negative reference 


applied, the loop gain correction tended to be applied in the wrong direction 
while, with a zero reference, corrective action approached that of the 
positive reference, The maximum stable Ny experienced was 0,02 g with an 
increased disturbance amplitude, The average Ny was 0,01 g. Since this 


flight condition was the only one which was divergently unstable, it 
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furnishes the only information on stable recovery from this condition, 
The system was capable of adjusting from divergent instability to a 

Ky equal to 1,0 deg/g in 5 sec, With the positive reference signal, 
‘the system sought to adapt the variable loop gain to a value of Ky from 
0.5 to 0,6 deg/g. 

The most sensitive flight condition, condition 4, adapted quickly, 
usually after a maximum of two optimizing periods, In this case the 
maximum Ny observed during adaptdon was the pilot threshold, 0,05 g. 

Both positive and zero reference signals provided the most satisfactory 
response, The system, with Ruy initially 0,5 deg/g, tended to remain at 
this value, After an excessive amount of time the selected gain sought 
to increase to a greater value, This caused a decrease in f and the 
resultant immediate adaptation to a Nyy of 0.5 to 0.9 deg/g as compared 
to the optimun of 0.9 deg/g, Since this lower end value also constitutes 
the residual loop variable gain there is no data to support the tendency 
of the adaptive scheme to remain at this value rather than decrease 
further, As a result of the airframe sensitivity at this flight condition, 
there was a noticeable tendency for the system to attempt to hunt or drift 
about values of Ruy to which it adapted, This tendency was actually noticed 
to produce a more positive adapting action since the system tried to 
continuously correct rather than sluggishly allow considerable error to 
accumulate , 

Flight condition 5, a sluggish flight condition, exhibited satisfactory 
tendencies with positive or zero reference signals applied, Divergent or 
unstable tendencies were not present. The system was capable of recovering 


from year unstable or very low f and high frequency conditions, Since the 
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maximum gain possible with the variable pot was 40,5 deg/g it was not 
possible to drive the aircraft unstable and inspect recovery tendencies, 
For Ky initially equal to 0.5 deg/g the system should have adapted to the 
optimum value of 30,0 deg/g. Due to the relative insensitive aircraft 
response to the input disturbance however, very little corrective tendency 
was noted, After a period of 7 minutes the variable gain had adjusted 
from 0.5 to only 0.7 deg/g, An initial Ry of 20,0, which coincided 

with the optimum gain value, was imposed upon the system, The controller 
did not attempt to adapt from this position, Data is not conclusive 
enough to conclude that the scheme sensed the optimum condition since in 
the sluggish condition of flight the value of § varies imperceptibly with 
a small] variance in Ruy . Under the stable conditions of test and maximum 
Ny achieved was 0,02¢, 

Finally, condition 6 with an optimum Kyy of 5.0 deg/g exhtbited 
fairly satisfactory tendencies at reference signals equal to zero and 
positive 0,4 volts, However, the Ky sought was in the region 1,0 to 2.0 
deg/g, With an initial Kyy of 3,0 the tendency of the system was to select 
a variable gain value of 6,0 deg/g. Increasing the disturbance mgnitude 
with the same initial conditions tended to cause a selection of variable 
gain in the region of 3,0 deg/g with hunting about this value, Imposing 
an initial condition of 5,0 deg/g with the increased disturbance resulted 
in hunting about the value Ruy equal to 6.0 deg/g, The maximum Ny achieved 
was no greater than 0,02¢ during this testing, As in condition 4 tests, it 
was noticed that adaption was relatively faster since airframe response was 


generally more sensitive to a disturbance, 
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2 sec, 


Figs, 46 through 51 contain the plots of i | error | dt for 
) 


1 deg. Op versus variable gain Ky , for each flight condition tested 
where | error | equals IN, plus filter 1| and is measured at the output 

of filter 1 to take advantage of a larger signal, Comparison of these 
figures to Fig, 38 indicate that the second order variance was not 
reasonably attained, The most resemblance was attained in those cases 
where the real root contributions were less distorting to the short 

period characteristics, It may be noted that minimums occur in each error 
function in the general vicinity of the predicted optimum Ky Further- 
more, several of the error integrals display minimums at values other 

than at the predicted optimum Ruy indicated in Table XIII, Fig. 46 
indicates a minimum in the vicinity of Kyy equal to 22,5 deg/g while there 
are also exhibited ''flats'' or negligible change in the error integral on 
either side of the minimum, Fig. 47 for flight condition 2 indicates a 
minimum at about Ky equal to 5,0 deg/g. This coincides with the predicted 
minimum, Condition 3 shown in Fig. 48 indicates a definite minimum at 

Ruy equal to 1,25 deg/g but a region of maximum error at Ky equal to 

0.7 deg/g the predicted optimum value, For all intents and purposes the 
function exhibits a minimum at Kyy equal to 0,5 deg/g, the residual pot 
gain, should the system attempt to initially adapt from this value, Fig. 
49, the most critical flight condition, exhibited a satisfactory variance 
of the error function with varying loop gain, The curve, at all gain 
values, Slopes so that increases or decreases of gain from the minimum 
serve to always increase the criterion value, Fig. 50, condition 5, 
indicates that the error exhibits flat regions from 0,5 to 35.0 deg/g, 


This flat region coincides with the minimum values of the integral, The 
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final flight condition indicated in Fig, 51 exhibited an essentially flat 
region from the residual gain Ruy equal to 0,5 deg/g to approximtely 

Kny equal to 2,0 deg/g, The error integral then achieved a maximum and 
thereafter a minimum value of Ruy equal to 6,0 deg/g, Again, in this 
flight condition, there were, as far as the corrective logic could 
discern, two seekable minimums which depended upon the initial value of 
Ky imposed, or, the value of variable gain with relation to the criterion 
maximum mentioned above, 

Therefore, in the case of flight condition 1, the landing condition 
and one in which maximum stability is desired from a control standpoint, 
it was ascertained that adaptation was sluggish and slow due to relatively 
small values of the error criterion as a result of the input disturbance, 
Furthermore, the flat regions of criterion value caused little or no 
variation with gain and therefore the criterion was actually insensitive 
to gain in these regions, These tendencies will result in the adaptive 
controller remaining in the region or perhaps slightly drifting in variable 
gain value until either an increase or decrease in criterion value causes 
further adjustment, Admittedly, the change is oscillating damping ratio 
between these regions is small and this may be noted from the root locus 
plot in Fig, 6, Since, as seen from the figure, the movement of the short 
period root from the complex pole is slight over the gain region 0,5 deg/g 
to 45 deg/g. 

Therefore, it may be concluded that the ability of the system to seek 
the flat or minimum regions of the criterion was considered adequate while 
its ability to seek and remain at the minimum value of the criterion was 


inadequate, Furthermore, it may be concluded that relatively small values 
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of criterion signal resulted in a small adaptive error or drive signal 

to the servo gain changes which made corrective action sluggish even at 
high servo gains, The positive reference signal was adequate for 
adaptation and maximum Ny was acceptable, Finally, the system exhibited 
the ability to recover from oscillatory instability and adapt to an accept- 
able response, 

Flight condition 2 effectively adapted in the regions of Ruy equal 
to 3.0 to 6.0 deg/g. This agrees with the region of minimum values of 
the error criterion, Due to the flat region exhibited by the low gain 
region of the error criterion, adaptation from the residual Ruy o£Y0.5 
deg/g was unacceptably slow, This can be attributed to the fact that the 
adaptive error or criterion value remained essentially constant, The slope of 
the criterion curve for values of Ruy greater than the optimum value of 5,0 
deg/g was adequate to determine quickly an increase in the criterion and 
apply the necessary correction, The performance under increased pulse 
disturbance was satisfactory and desirable under the existing conditions 
since the increased pulse would supply more positive directional information 
at the gain region, Ky equal to 0,5 to 2.5 deg/g. The system was also 
capable of recovering from unstable initial conditions and did so adequately, 
. The maximum Ny achieved during stable adaptation was acceptable and well 
below the pilot's sensing threshold, 

Therefore, it may be concluded, that for flight condition 2 the 
positive reference signal was satisfactory; adaptation at all initial values 
of Ruy greater than or equal to 3.0 deg/g was satisfactory; and, maximum 
airframe stresses were tolerable, Furthermore, it my be stated that 
performance of the system at initial values of Ruy less than 3,0 deg/g was 
Slow and essentially ineffective, 
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In the case of flight condition 3 the positive reference signal of 
0.4 was again found to be the most effective and acceptable, The system 
showed the ability to recover adequately from divergent instability in 
approximately one optimizing interval, This particular flight condition 
indicated compatibility with the maximum and minimum values of the oT 
criterion, When forced to adapt from an initial Ky of 0.5 deg/g the 
system sensed a minimum and was unable to attain the desirable minimum 
at approximately a Ruy of 1,2 deg/g. On the other hand, when recovering 
from divergent instability, the system sought to minimize in the preferred 
location, In the other requirements the flight condition appeared to be 
adequately handled by the adaptive logic, 

It may be concluded then that the system was satisfactory in adapting 
speed, recovery from divergent instability and operation with positive 
reference signal, The data also conclusively shows that when approaching 
the flight condition from higher gains than Ryy equal to 1,2 deg/g the 
system will adequately adapt to this minimum, 

Flight condition 4 contains the most satisfactory performance data 
with regard to operation of the adaptive controller, The system sought 
a minimum between the values of Ky equal to 0,5 deg/g and 0.9 deg/g. The 
error criterion variance with gain indicates that the minimum Ny should 
occur at a Ryy of 0.9 deg/g, The minimum, however, is critical since the 
value of the error rapidly increases on either side, The hunting between 
the values stated above can be most intelligently reasoned by noting that 
the adaptive error would be large and the necessary gain variance is small, 
Slight overdriving of the adaptive positioner could result in the system 


sensing an error increase and overdriving the minimum which again results 
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in an error increase which results in overdriving the minimum in the 
opposite direction, Admittedly non-linear variance of the potentiometer 
at these lower gain values increases the system sensitivity but apparently 
not enough to allow the system to remain at the minimum error position, 

As previously stated, this action was not detrimental to the stability 

of the aircraft but served to eliminate the sluggish nature of response 
encountered in conditions 1 and 2, 

It may be concluded that with regard to condition 4 the adaptive 
system operated satisfactorily with regard to corrective tendencies, The 
system never was capable of settling to the minimum value of the error 
criterion due to large drive voltages to the positioning servo causing 
overshoot not completely compensated for, The system was obviously capable 
of recovering from situations approaching instability as evidenced by its 
tendency to never exceed a Kyy of approximately 0.9 deg/g, The value of 
the criterion increased so rapidly beyond this point that corrective action 
was always in the stabilizing direction, Conclusions about recovery from 
unstable conditions at this flight condition are meaningless since the 
aircraft could not possibly withstand the structural stresses, 

Condition 5 performed adequately with the positive reference signal 
but conformed to the relatively insensitive variance of the error criterion 
with variable gain by adapting in a sluggish manner at all imposed initial 
conditions, Since the variable gain has very little effect upon the detect- 
able response in the region of Kyy from 0,5 deg/g to 40,0 deg/g, the 
location of the gain within this region is significantly unimportant, 

The major requirement in this instance is that the departure of the aircraft 


from this flight condition create suitable changes in the error criterion 
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variance with gain to permit setebittion of corrective information for the 
flight condition being approached which may, and probably does, require 
Reegenset inc placement or positioning of the gain pot controlling Ky 5 

Therefore, it may be concluded that the tests at flight condition 5 
are inconclusive since practically any gain within the region of the 
adjustable gain pot results in an undetectable variation in the error 
criteridn, 

Finally, in flight condition 6, the positive reference signal proved 
acceptable with regard to performance tendencies, The variance of the 
error criterion with variable Ruy exhibited two minimum values separated 
by a maximum, The effect of this maximum was undesirable since it. 
conceivably could result in performance at the flight condition at some 
non-optimum point determined by the minimum sought at values of low Ruy ‘ 
This is borne out by the actual results of testing which indicated the 
tendency of the controller to minimize at two separate values of gain, 
These Ky values coincide approximately with the observed minimums in 
Fig, 51. 

Therefore, it may be concluded that adaptation of flight condition 6, 
while being satisfactory with respect to adapting speed and positive ref- 
erence signal, was unsatisfactory in being able to seek the minimum value 
of the error criterion under all imposed initial conditions, The controller 
did conclusively prove, however, that it was capable of seeking a minimum 
which, though not the minimum value of the error criterion, was the only 
minimum the system could discern, 

In summary, the analysis of the adaptive controller unit must be 


considered to establish the fact that the basic logic and principles of 
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controller design are satisfactory. It is concluded that the designed 
sequence and logic of the controller is acceptable for application to any 
control process whose parameter or parameters may be altered as the direct 
result of the minimization of some measurable variable, Since the adapt- 
ive controller is definitely limited by the necessary time sequencing, the 
period of control that must be exhibited by the adaptive scheme is of 
considerable importance and must be segiied and proved acceptable before 
application, There was insufficient mechanization available on the 
computer to enable test of the adaptive system over some characteristic 
flight profile to establish that the controller was capable of continuously 
modifying the loop gain to insure the most acceptable, minimum error res- 
ponse, Study of the variation in the value of the absolute integral of 
error indicated that the system would most probably exhibit no difficulty 
fn adapting from large gain values to the smaller values of Ruy required 
for the more sensitive flight conditions, However, these same curves 
indicated that in some instances of low gain, false minima occurred because 
of real root incluence and these may result in the adaptive system being 
subjected to minimum values which were stable but certainly did not produce 
‘the most acceptable response, 7 

Therefore, it is considered that there is inadequate data to enable 
prediction of whether or not the adaptive system will successfully handle, 
a particular flight profile, 

The information obtained on the behavior of the error criterion during 
the variation of gain for each particular flight condition indicates that 
for the aircraft the selection of the integral of the absolute error was 


unsatisfactory. The principal reasons for its inadequacy were the fact that 
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in several instances gain variations produced little or no effect upon 
the value of the criterion and the fact that false minim occurred in 
several flight cases, The former was attributed to the slow movement 

of the roots from the short period poles causing very little change in 
the value of the resulting error, The latter inadequacy was directly 
attributable to the influence of the real roots over the complex dominant 
roots at low values of Kny - 

Therefore, it is concluded that the error criterion was inadequate 
in the majority of flight conditions for the reasons given above, Since 
the adaptive controller depends entirely upon the establishment of adequate, 
constantly minimizing error criteria, it must be furthermore concluded that 
establishment of the system for the particular aircraft tested was not 
achieved, 

Finally, it must be concluded that the investigation of all possible 
methods of compensation and establishment of appropriate error criteria 
which do properly behave has by no means been exhausted, Therefore, it 
is recommended that additional testing and analysis in these particular 
areas be conducted, Detailed recommendations with these thoughts in mind 


are included in the following chapter, 
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CHAPTER XIII 
Conclusions and Recommendations 
The stability analysis conducted using the various suggested lateral 
responses as methods of providing a means for stable adaptive control 
resulted in the following conclusions; 

1, Yaw rate = N, with filters 2 and 3 were undesirable as control 
variables since the second order dominance of the short period 
pair of roots were greatly distorted by the real roots, Due to 
this fact, the system tended to be less oscillatory and there- 
fore less Srusitive to a variation in f as a result of varying 
loop gain, : ‘ 

2. The aerodynamic inadequacies of yaw rate as a response precluded 
its use in an integrated control loop of a flight control systen, 

3. The feasibility of the combined response N, with r was established 
with regard to provision of a system whose characteristics more 
closely resembled those desired for adaptive control by the 
methods contained in the report, 

/ 4. NK, with filter 1 compensation was the most desirous of the 
responses analyzed, however, in several insensitive flight 

conditions variation of f with varying Eny was inadequate, 
With regard to the analysis, design, and performance of the adaptive 
controller the following conclusions are advanced: | | 
"1, Operation and performance of the logie and sequencing of the 
adaptive controller was satisfactory and design was adequate, 
2. The error criterion, fle! dt , chosen as the vehicle by which 
the controlled response was to be minimized was inadequate in mny 


flight conditions since it failed to produce directional, corrective 
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information to the controller, Im the case of flight 
conditions 3 and 6 it exhibited minimum values which were 
in addition to the désired minimum occur at the optimum 
response , 

3, Performance indicated that provision of the proper minimizing 
criterion, as might be indicated by application of the tested 
error criterion to a second order servomechanism, would result 
in adaptation to the specified minimum criterion value, 

The recommendations shall be primarily concerned with the further 
analysis of the lateral loop PeBPORSS and refinements or variations of the 
Self Adaptive Controller, The ramifications of some of the problems con- 
cerned with a five degree of airframe will also be mat rikedl aut as paths 
for further study to proceed upon, 

Certainly the study of additional compensation devices should be 
pursued, The effect on the root loci family for Ny with perturbations 
of the lead filter pole and zero should be investigated, The use of more 
complex compensation to place complex conjugate zeros at a location to aid 
in forcing the short period pair of roots into a desirable domain by high 
gains may be possible and worthy of study, Study should be conducted upon 
the effect of lead compensation on the Ny plus r scheme, 

Concerning the adaptive controller, the greatest area for study is in 
the selection of a suitable error criterion, A criterion must have a 
distinguishable minimum at the optimum value, Preferrably it should be 
concave in shape with a single, well defined minimum, To be able to establish 
this characteristic for an error criterion for any complex servo would make 


this Adaptive Controller very effective’, The time sequence of the controller 
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should be studied further, The relative length of the operating portions 
of the optimizing period as well as the overall length of the period need 
investigation to choose their optimum, Studies to develop systems to 
establish procedures for choosing of optimum times would be of value, 

Further study should be made of the methods available for introducing 
disturbance signals to the airframe, Studies should provide for invest- 
igation of the most suitable type of disturbance, Certainly the use of 
random noise to actuate the controller instead of pulsing the rudder 
would be of an advantage. However, the effect of this would have to be 
determined with regard to adequacy, magnitude and sensitivity, 

Another area for study would be the gain changing servo loop itself, 
The use of rate limiting on this loop was proposed to enable it to adapt 
faster yet be less sensitive to a gusting environment, Further study is 
necessary to pick the best value for the threshold which changes the gain 
of this loop, 

Considering a five degree of freedom airframe many problems arise, 
The solution of these problems, or at least a feel for their effect, would 
be necessary before design is considered final, The effect of Oy inputs 
must be further investigated, The analysis and testing of the effect of 
roll cross coupling would be of great interest, The effect of this coupling 
would be of great interest. The effect of this coupling when using schemes 
like Ny plus r should be analyzed, The effect of residual vibrations or 
environmental vibrations on instrumentation should be investigated, The 
analysis of the airframe considered as flexible, with the consequent 


involvement of bending modes, would complete any study of this control loop, 
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APPENDIX A 


Computation Methods for Determination of 
Root Locus Plots 


In order to conveniently compute the oe root locus plots 
required during the analysis, the stability matrix associated with 
the control loop, or its characteristic determinant, was derived for 
solution by digital computer, Thus the sm1l but present contribution 
from distant poles and zeros were taken into account, 

The characteristic determinant of the stability loop was formed by 
the coefficients of the variables defined by all loop transfer functions, 


Referring to Fig. 2, it may be noted that these variables are; 


Ny or r Airframe lateral response 
aT or ry lateral response measured by instruments 
on Output of variable gain pot and compensation 
2 network, if included ry 
OR Output of autopilot actuators 4 
om Output of main rudder actuators 


Because of the inability of the IBM 704 computer to accept, in 
determinant solution, a coefficient of higher order than a quadratic the 
airframe lateral transfer functions were not used as such, The basic 
equations of motion, for three degree lateral response, from which the 
lateral trdnsfer functions were derived, were substituted, In this method 
all coefficients were second order or lower, The three equations of motion 
are developed in Chapter II of Reference 10. Assuming rudder deflections as 
the only forcing funetion and after application of perturbation techniques 
and the LaPlace transform for each flight condition the equations take the 


form: 
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(a,s? + ags + a3) B+ (bys? + bas + bz)r + (cys*# cysc3) @ = Ad, 


where the coefficients of the variables take on values assigned by 
aerodynamic constants and derivatives, Any of the constants may take 
the value of zero with the exception of the constant A, 

In the cases where Ny is the lateral response being plotted, or 


some portion of it such as N_ + r, a supplementary equation is needed 


Bi 
to establish the relation between the motion equation yariable and Ny. 
This equation is established by a force equation in the lateral direction 


which results in} 


£ = Y%4mg sing = mV(p +r) + mVg 


In magnitude comparison, the last comparison, the last tern, nVB, is 
negligible and is dropped. Therefore, the lateral force, Fy? becomes 
mV (p +r), Then it follows that N_ is expressed in g's by; 


y 
N = ¥y = af (p + ),'f (xp + yd,) 
mg g g 


where it conveniently is true that one of the equations of motion contains 
B and r with coefficients of 1,0 and a substitution to ‘terms of p and O, 
may be made, 

The remaining loop variables are then defined and interrelated by the 
transfer functions of loop components, In the case of ae as the airframe 


response and filter 1 as a compensation network, these equations become; 


Ny (8? + 175,98 + 15795) - 15795N,, =a0) 


rv 


O, (0.18 = 1) = Ny, Ry is + 1) eo 


bp (8? + 40s + 800) - Op , (800) = 0 


where * determines feedback sign employed, and finally; 


6, (s + 10) - 10 = 0 


Therefore the coefficients may be arranged in matrix form as shown in 

Fig, A-l, Thus by varying the value of Kyy and solving the determinant, 
the characteristic equation is produced and may be factored to produce 

the roots coincident with the particular value of Ruy and flight condition, 

In a similar manner the matrices for the other responses chosen in the 
analysis can be derived, The number of loop variables present then 
determining the number of simultaneous equations necessary to solve the 
matrix determinant, The control equations for each flight condition will 
not vary as various responses are tested, However the response Ny does 
require an extra equation to relate this force to the control variable, 

In summary it may be noted that the characteristic determinant is 
actually a set of simultaneous equations whose coefficients determine the 
characteristic equation of the loop and hence its roots, It is emphasized 
again that due only to computer characteristics were the basic equations of 
motion substituted for the airframe transfer functions previously given, 
The control equations are not furnished in this report but in continuing 
work, where more extensive root locus investigation is necessary, the 


transfer functions are adequate as a basis, 
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APPENDIX B 


Analog Computer Implementation and Techniques 


As a part of this study analog simulation of the aircraft and control 
loop was made and computer solutions obtained, This study was carried out 
for two basic purposes, First, in order to amplify or verify the root 
locus characteristics of the various schemes and thereby enable the choice 
of the most acceptable lateral response, Secondly, in order to provide 
the capacity for proving or disproving the Adaptive Controller's capabilities, 
This was the most practical way to test the adaptive controller in the 
allotted time, : 

To accomplish the first part of the analog study the aircraft control 
equations and equations of the various other parts of the system were 
mechanized on Electronic Associates Analog Computers, This mechanization was 
done in accordance with the diagram in Fig, 52. The lateral, three avbews 


aircraft control equations used were as follows; 
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These equations of motion are described in Chapter II of Reference 10 

and standard symbols are employed, In the mechanization of these equations 
relays were used to permit fast switching between any two flight conditions, 
The roll channel was included in this mechanization in the hope that time 
would permit observation of the effect of aileron deflection, Oy A 
The transfer functions of the other system components in the lateral 


loop have been listed in the text. The components of the roll loop and 


their transfer functions are; 


i 


20 55 deg 


Aileron Actuators em ( SeSaEAOR) 
P 

Roll AFCS Actuators ae sy - 40 ae 

Roll Rate Gyro —__—_ a 


(s* + 176s + 15800) 


12 : 


The settings of the potentiometers for the various flight conditions 
are tabulated in Table XVIII, The flight conditions noted on these 
potentiometer setting sheets correspond to conditions 1 through 6 as 
follows ; 

Al--—~- Condition 1 
A2-~-—=- Condition 2 
A3---- Condition 3 
Bl--—— Condition 4 
B2---= Condition 5 
Cl---- Condition 6 

Prior to data recording, the steady state values of the aircraft 
equations were checked, Then the cee loops were closed and dynamic 
response data collected at each flight condition for each response analyzed , 

When this phase of the analog study was completed, the Adaptive Con- 
troller was mechanized in order to test its performance and characteristics, 
The diagram of this mechanization, as well as a switching logic table, are 
contained in Fig. 53. The stepping relay timer was connected to and oper- 
ated standard eleven pole step switches from a digital voltmeter, This 
complete mechanization with the Adaptive Controller connected to modify 
the variable loop gain provided the facilities to completely check out the 
logic, operating parameters, and aircraft ae nasond ind equipment 


was included as needed throughout this study, 
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